We compute in detail the rate at which energy injected by dark matter annihilation heats and ionizes the photon-baryon plasma at z ∼ 1000, and provide accurate fitting functions over the relevant redshift range for a broad array of annihilation channels and DM masses. The resulting perturbations to the ionization history can be constrained by measurements of the CMB temperature and polarization angular power spectra. We show that models which fit recently measured excesses in 10-1000 GeV electron and positron cosmic rays are already close to the 95% confidence limits from WMAP. The recently launched Planck satellite will be capable of ruling out a wide range of DM explanations for these excesses. In models of dark matter with Sommerfeld-enhanced annihilation, where σv rises with decreasing WIMP velocity until some saturation point, the WMAP5 constraints imply that the enhancement must be close to saturation in the neighborhood of the Earth.
I. INTRODUCTION
Dark matter (DM) annihilation around the redshift of last scattering (z ∼ 1000) can modify the observed temperature and polarization fluctuations of the CMB, which have been measured to high precision by experiments such as WMAP, ACBAR and BOOMERANG [1, 2, 3] . Other indirect astrophysical probes of DM annihilation must contend with the complexities of Galactic astrophysics -for example, the DM distribution and clumpiness, ISM density, magnetic field strength and degree of tangling, Galactic photon energy density, etc. All of these are complex processes with significant uncertainties; in contrast, the mechanisms by which DM annihilation modifies the CMB are relatively simple and well understood.
DM annihilation injects high-energy particles into the IGM [71] , which heat and ionize neutral hydrogen as they cool. This ionizing energy does not generally change the redshift of recombination, but does alter the residual ionization after recombination. The increased ionization fraction leads to a broadening of the last scattering surface, attenuating correlations between temperature fluctuations. The low-ℓ correlations between polarization fluctuations, on the other hand, are enhanced by the thicker scattering surface.
These effects of WIMP annihilations on recombination have been studied previously, with significant effects on WMAP for σ A v ∼ (10 −26 /f ) × (M DM /(1GeV/c 2 )) cm 3 /s and on Planck for σ A v ∼ (10 −27 /f ) × (M DM /(1GeV/c 2 )) cm 3 /s, where f is an unknown pa- * Electronic address: tslatyer@fas.harvard.edu † Electronic address: NPadmanabhan@lbl.gov ‡ Electronic address: dfinkbeiner@cfa.harvard.edu rameter of order ∼ 0.01 − 1 [4] . For O(TeV) WIMPs, these cross sections were considerably larger than the standard thermal cross sections expected at the time, but in light of recent cosmic-ray experiments which motivate larger annihilation cross sections, it is important to reconsider these limits and quantify the free parameter f .
The PAMELA, ATIC, PPB-BETS, Fermi and H.E.S.S experiments have observed unexpected features in the electron and positron cosmic-ray spectra, at energies of 10-1000 GeV. PAMELA [5] has measured the positron flux ratio φ(e + )/(φ(e + ) + φ(e − )) and found a sharp rise starting at 10 GeV and continuing up to ∼ 100 GeV. This confirms previous indications of an excess by HEAT [6] and AMS-01 [7] , but at much higher confidence. The ATIC balloon experiment [8] has measured the spectrum of e + + e − (ATIC cannot distinguish positrons from electrons) from 20-2000 GeV, and finds a broad excess at 300 − 800 GeV, in agreement with the similar excess observed by PPB-BETS [9] . The Fermi [10] and H.E.S.S [11] experiments have measured a similar but somewhat smaller e + + e − excess in the 300 − 1000 GeV energy range, and have not confirmed the peak and sharp cutoff observed by ATIC around 700 GeV. However, in combination, these results argue for a new primary source of high-energy electrons and positrons.
The annihilation of WIMPs in the Galactic halo has been proposed as this new source, with the other major contender being e + e − pairs from pulsars [12, 13, 14, 15] . While weak-scale dark matter annihilating in the Galactic halo can generically produce annihilation products with energies in the hundreds of GeV, including electrons and positrons, most DM annihilation channels give rise to insufficiently hard electron spectra. For energies up to 100 GeV, PAMELA observed no antiproton excess [16] , strongly constraining annihilation channels that produce copious antiprotons. Gamma ray bounds also constrain the production of neutral pions (either di-rectly or as products of a hadronic cascade). Taking these constraints into account, for dark matter masses in the 10 GeV -1 TeV range, the WIMP must annihilate primarily to leptons in order to fit PAMELA observations [17, 18, 19] .
Even for these primarily leptonic annihilation channels, the annihilation cross section required to fit the observed excesses is significantly higher than the thermal relic cross section [19, 20] . For a WIMP with ∼ TeV mass, as suggested by the measured chargeundifferentiated electron spectrum, a boost factor of 2-3 orders of magnitude is required, depending on the annihilation channel. Lower masses allow smaller boost factors, but a 100 GeV WIMP still requires a boost factor of ∼ 10 or higher relative to the thermal relic cross section, to produce the PAMELA positron excess (and of course, cannot produce the observed ATIC/PPB-BETS/Fermi/H.E.S.S excesses).
Several authors have suggested models of thermal relic DM where σ A v rises with decreasing WIMP velocity as a consequence of a Sommerfeld enhancement, and thus the present-day DM annihilation cross section is considerably higher than the thermal relic cross section σ A v ∼ 3 × 10 −26 cm 3 /s [21, 22, 23, 24, 25] . Sommerfeld enhancement occurs when some particle with mass much smaller than the WIMP mass mediates a long-range attractive force between the WIMPs [26, 27] . For heavy WIMPs (∼ 10 TeV), these force carriers can simply be the Standard Model W and Z bosons [21] . Other models invoke new light dark-sector particles [23, 24, 25] to mediate a Sommerfeld enhancement for weak-scale DM (∼ 100 − 1000 GeV). In general, Sommerfeld-enhanced models suggest that a much higher annihilation cross section around the redshift of recombination may be possible.
Sommerfeld-enhanced dark matter models with weakscale DM masses and GeV-scale light force carriers are especially attractive for explaining the observed cosmic ray anomalies [23, 24] . If the DM annihilates to the light force carriers, then decays into protons/antiprotons (and gauge bosons, etc) are kinematically forbidden, and the annihilation products are predominantly hard leptons [28] . The electron and positron spectra produced by such annihilation channels provide excellent fits to the ATIC and PAMELA e + e − spectra, up to a boost factor attributed to the Sommerfeld enhancement [20] , and similarly fit the Fermi data well [29] . Such models have also been proposed to explain anomalous results from the DAMA [30] experiment with inelastic WIMPnucleon scattering [31, 32, 33] , and the INTEGRAL [34] signal with inelastic WIMP-WIMP scattering [35, 36] , which naturally arises in this framework [23] . We adopt the terminology of [35] , and refer to these models as "exciting dark matter" (XDM). CMB probes of DM annihilation are particularly well suited to constraining models with Sommerfeld-enhanced annihilation, since the 1/v scaling of σ A v results in a large annihilation cross section when the DM is diffuse and cold.
In order to constrain specific models of DM annihilation, it is essential to understand the efficiency with which energy from DM annihilation heats and ionizes the IGM, as it is this deposited energy which perturbs the ionization history and hence the CMB. Several previous studies have investigated the effect of dark matter annihilation/decay on the ionization history at recombination and during the cosmic "dark ages" [4, 37, 38, 39, 40, 41, 42] . However, these works have generally either assumed that the energy from annihilation/decay is deposited promptly with some redshift-independent efficiency, leaving this efficiency factor f as a free parameter (degenerate with varying the annihilation cross section), or alternatively characterized the universe as opaque except for photons with energies lying in some "transparency window".
We calculate in detail the rate at which energy from dark matter annihilation is deposited into the IGM, via interaction of the annihilation products with the photonbaryon plasma. This allows us to apply previously derived constraints on f σ A v to the DM model itself; in particular, we can directly apply the WMAP5 constraints to models proposed to explain the observed cosmic-ray anomalies.
A similar calculation has been performed by [43] , and employed in [44] to discuss the effect of light dark matter decays on the 21cm line. However, this analysis applied only to decay and annihilation of light ( < ∼ 10 MeV) dark matter, where high energy photon cooling mechanisms such as pair production and photon-photon scattering could be neglected, and also assumed a nearmonoenergetic spectrum. In contrast, our calculation is valid for arbitrary spectra of the DM annihilation products, for dark matter masses up to TeV scales. Our analysis also improves on the prior calculation by taking into account the changing ionization fraction of the universe around recombination, and the energy injection from DM annihilation products at redshifts greater than z ∼ 1100, which cool slowly and eventually deposit their energy at a lower redshift.
Section II details our numerical calculation of the energy deposition from DM annihilation, while Section III presents our results for the redshift-dependent efficiency factor f (z), for an array of annihilation channels. Section IV discusses WMAP5 constraints on the annihilation cross section for various annihilation channels, the implications for DM models with Sommerfeld-enhanced annihilation, and the prospect that Planck [45] can rule out dark matter annihilation as an explanation for the observed cosmic-ray anomalies.
II. ENERGY LOSS PROCESSES FOR DM ANNIHILATION PRODUCTS
Depending on the DM model, the dark matter may annihilate to a wide range of particles: gauge bosons, charged leptons, neutrinos, hadrons, or more exotic states. These annihilation products may subsequently decay or interact with the IGM, producing showers of e ± pairs, protons and antiprotons, photons and neutrinos. Neutrinos are stable and weakly interacting, so they escape and their energy is lost, while protons are highly penetrating and poor at transferring energy to the IGM [37] . Heating and ionization of the IGM occurs primarily through the electrons, positrons, and photons injected as a result of DM annihilation, either directly or by subsequent decays and interactions of the primary annihilation products. Positrons behave identically to electrons at high energies, while at low energies they thermalize, form positronium and annihilate into photons. Thus the problem of computing the energy deposition efficiency reduces to calculating the evolution of the photon and electron spectra.
The specific annihilation channels we focus on in this paper are motivated by the anomalous excesses observed by PAMELA and ATIC, and involve annihilation either directly to charged lepton pairs, or to light dark-sector states which decay to charged lepton pairs [20] . In the latter case, the same light dark-sector states mediate a Sommerfeld enhancement. We also compute the energy deposition efficiency for two benchmark masses (200 GeV and 1 TeV) for WIMPs annihilating via other SM channels.
A. Electron cooling and energy deposition mechanisms
Energy loss processes for high energy electrons have been considered by a number of authors [37, 46, 47] . The primary cooling mechanisms are inverse Compton scattering on CMB photons at high energy (γ ≫ 1), and collisional heating, excitation and ionization at low energy (see Appendix B for the detailed cross sections).
In all cases, electrons deposit their energy into the IGM, or produce high-energy photons via inverse Compton scattering on the CMB, on timescales short compared to the Hubble time. For high-energy electrons, most of the energy goes into inverse Compton scattered photons, converting the injected electron spectrum to an effective injected photon spectrum. It is important to take into account repeated inverse Compton scatterings, as only in the extreme Klein-Nishina limit do electrons lose all their energy in the first scattering, so high-energy electrons can produce many low-energy photons via repeated scatterings. Once these electrons have cooled to low energies where ICS is no longer the dominant process, they -like the electrons injected at low energy -rapidly deposit their remaining energy to the IGM by ionization, excitation and heating. The positrons produced by DM annihilation behave identically to electrons at high energies; at the lowest energies they form positronium and then annihilate, producing the usual positronium spectrum with a continuum up to 511 keV and a line at the cutoff.
In order to determine the fraction of annihilation power deposited to the IGM as a function of redshift, we must compute the amount of energy deposited to the IGM and the spectrum of photons produced by these processes, when the energy in the injected electron spectrum has been completely depleted. The relative rates of the various energy loss processes change with redshift, so we perform this calculation for an arbitrary injected electron spectrum at each of the relevant redshifts. As all these processes occur on timescales much faster than the Hubble time, we do not consider redshifting effects, and so the fraction of energy loss into each mode can be determined simply by comparing their rates. For electrons of each energy, we record the fraction of energy that goes into created or upscattered photons and energy deposition to the IGM, and the fraction retained by the electron as it downscatters to lower energies.
We assume that below a certain kinetic energy (presently set to 250 eV) electrons efficiently deposit all their kinetic energy, cooling completely without producing photons by ICS. We also make the approximation that after a single ionization, an electron deposits all its energy, since in the energy range where ionization dominates inverse Compton scattering, electrons tend to lose a large fraction of their energy to ionization, and the resulting secondary electrons efficiently deposit their energy to the IGM [47] ).
For each initial electron energy, we can then determine the eventual partition of the electron's energy between produced photons and energy deposited to the IGM, when the electron has completely cooled and thermalized (and possibly annihilated). We use an inductive approach, starting with the lowest energy bins and working up in energy. Since we have recorded the fate of all electrons with lower initial energy, after the primary electron has downscattered once we can employ the previously calculated cooling histories.
Once the energy partitioning has been determined for all electron bins, integrating this result over the injected electron spectrum yields the prompt deposited energy and the photon spectrum produced by electrons injected at the given redshift. Determining the annihilation power that is eventually deposited to the IGM then becomes a question of how the photons deposit their energy. The dominant photon energy loss processes are not much faster than H(z) over the entire relevant energy range, so redshifting must be taken into account.
Applying the same techniques to electrons and positrons from pair production, or electrons from Compton scattering, allows us to view these mechanisms as converting a given photon spectrum to a new photon spectrum, plus some rapidly deposited energy. In this way we "integrate out" the fast electron cooling processes and reduce our numerical problem to computing the evolution of the photon spectrum only. The dominant processes (in order of increasing energy) are ionization, Compton scattering, pair production on the H/He gas, photon-photon scattering, and pair production on the CMB. All the curves assume a He mass fraction of 1/4, with a density of 2.57 × 10 −7 amu / cm 3 today. The dotted curve shows pair production on a neutral IGM, the dashed curve shows pair production on a fully ionized IGM, and the dashed-dotted curve represents pair production on the CMB. This figure updates Fig. 1 in [4] , which had an error leading to cooling times approximately a factor of three longer.
B. Energy deposition from photons
The interaction of photons with the IGM was considered in detail by [48, 49] , who find that the dominant processes (ordered by increasing photon energy) are photoionization, Compton scattering, pair production off nuclei and atoms, photon-photon scattering, and pair production off CMB photons. The cross sections and spectra for these processes are listed in Appendix C. To estimate the efficiency of these mechanisms, we compare the cooling time for each process, t cool ≡ 1/(d ln E/dt), to the Hubble time, t H ≡ 1/H(z). Except for Compton scattering and photon-photon scattering, we approximate the cooling time by the mean free time as most of the energy is lost in the first interaction. If t H ≫ t cool , the photons ionize the IGM, produce energetic electrons, or downscatter, very rapidly. Conversely, if t H ≪ t cool , the universe is optically thin and most of the energy is lost through the redshifting of photons. The results of this comparison are shown in Fig. 1 and Fig. 2 . At the relevant redshifts for hydrogen recombination, z ∼ 700 − 1200, while the universe is not transparent at the relevant energies, it is also not sufficiently opaque that we can ignore redshift entirely.
For photons with energies below ∼ 10 3 eV and above 
∼ 10
11 eV, in the redshift range of interest, the dominant processes (photoionization and pair production on the CMB, respectively) take place on timescales much faster than the Hubble time. The lowest-energy photons deposit their energy into the IGM by photoionization, while the highest-energy photons rapidly pair produce or downscatter on the CMB. Photon-photon scattering is a "photon splitting" process that yields an approximately flat photon spectrum (up to the energy of the initial photon), whereas pair production produces an approximately flat spectrum of high-energy electrons and positrons which rapidly inverse Compton scatter to produce a softer photon spectrum.
Photons lying in the broad 10 3 − 10 11 eV range scatter or pair-produce on timescales within a few orders of magnitude of the Hubble time, while slowly redshifting away their energy. With decreasing redshift, all the energy loss processes decrease in efficiency relative to the Hubble time, as shown in Fig. 2 .
There is a "transparency window" at ∼ 10 8 − 10 10 eV at z = 1000, where the cooling time of the dominant energy loss processes is close to the Hubble time. The ratio t H /t cool ∝ (1 + z) 3/2 (∝ (1 + z) 9/2 for photon-photon scattering), while the photon energy redshifts as (1 + z): photons injected into a transparency window can therefore remain in the optically thin regime, and contribute to the diffuse photon background today. Below this energy range, Compton scattering rapidly depletes the pho-ton spectrum, but becomes inefficient as an energy-loss process at lower energies where Compton scattering becomes purely elastic. The result is a second, narrower "transparency window" below the Compton bump.
C. Beyond the "on-the-spot" approximation
Previous analyses of the effect of DM annihilation/decay on the ionization history of the universe [4, 37, 39, 42] have employed the "on-the-spot" approximation, where the energy from DM annihilation/decay is assumed to be instantaneously deposited in the IGM with some efficiency f ∼ 0.01−1. The effects of Sommerfeld enhancement can be determined within these models simply by multiplying the DM annihilation cross section by the appropriate saturated enhancement factor.
However, the on-the-spot approximation is not necessarily well justified at redshift ∼ 1000. The energy loss processes for electrons, very low-energy photons and very high-energy photons are all extremely rapid compared to the Hubble time, but over much of the relevant energy range the timescale for photon energy loss is of the same order as the Hubble time (Fig. 2) . If a significant fraction of the energy from annihilation is injected at this energy scale or higher, assuming either that photons in the semi-transparent regime promptly deposit their energy or that they never deposit their energy may give a poor approximation to the actual deposition history.
Instead, we evolve the spectra of the photons from DM annihilation with the various energy loss processes described above, taking redshifting into account, and track the energy deposited as a function of redshift. However, at very high and low photon energies, the energy loss processes are very rapid compared to the Hubble time. Stable numerical evolution of the photon spectrum requires that we integrate out these rapid processes (or take extremely small timesteps, but this is not practical when the timescale for the fastest cooling mechanisms may be 12 orders of magnitude shorter than the Hubble time).
At very low energies we may simply assume prompt deposition with 100% efficiency, but resolving the highenergy processes is more complicated. Although a 100 GeV photon will scatter or pair-produce very quickly relative to the Hubble time, this does not imply that all its energy is deposited on that timescale: photon-photon scattering on the CMB will split the original photon's energy repeatedly until it enters the transparency window, and inverse Compton scattering on the electrons and positrons resulting from pair production can also inject high-energy photons into the transparency window.
D. Resolving rapid cooling processes for high energy photons
To resolve the effect of high-energy photon cooling processes, we begin by ignoring redshifting entirely (since by construction, these processes occur on timescales several orders of magnitude shorter than a Hubble time). Our goal is to compute the total energy deposited to the IGM, and the resulting spectrum of lower-energy photons, once no photons remain at the highest energies, due to pair production and downscattering (which occurs quickly relative to a Hubble time).
We compare the rates of the various processes to determine the fraction of the initial photon's energy that is directly injected into the IGM, and the spectrum of lower-energy photons that is created, in the photon's first interaction. For high energy photons, the former occurs primarily by pair production followed by excitation, ionization or heating by the newly produced electrons or positrons. The latter occurs by (1) photon-photon scattering, and (2) pair production followed by inverse Compton scattering and positronium annihilation of the e + e − pairs. As described previously, we integrate out the electron cooling processes to determine the scattered photon spectrum and deposited energy resulting from pair production. Part of the resulting photon spectrum may still lie in the high energy region where the energy loss processes are too rapid (compared to t H ) to be easily included when calculating the evolution of the spectrum over cosmological timescales. Thus we need to apply the same procedure to the high energy bins in the new spectrum, determining the photon spectrum produced by downscattering and pair production from those bins. Iterating this process is equivalent to taking into account multiple interactions for the high-energy photons inside a single timestep, and the resulting infinite series can be written in terms of the sum of a geometric series of square matrices (of size equal to the number of high energy photon bins). The series can then be resummed analytically by a matrix inversion, which is computationally tractable so long as the number of high energy bins is not too large.
E. Time evolution of the photon spectrum
We employ a simple first-order integration scheme for the time evolution of the photon spectrum and energy deposited in the IGM. We initialize the photon spectrum as zero everywhere (we do not track the CMB photons), so there is an initial transient behavior due to the neglect of photons from earlier DM annihilations. However, at z > 2000 the deposition efficiency is excellent and the on-the-spot approximation is quite accurate, so the transient behavior dies away rapidly provided the initial redshift is sufficiently high. We choose an initial redshift of z init = 4000. We employ the standard ionization history computed by the publicly available code RECFAST [50] , and assume perturbations to the ionization history due to the extra injected energy to be small (since large perturbations to the ionization history would violate existing constraints).
At each timestep, we divide the photon spectrum into three regions: low energy photons where the (inelastic) interaction rate is short compared to H(z) ("fast" defined as a total rate of more than one interaction per photon per timestep, for timesteps typically of order ∼ t H /1000), high energy photons where the interaction rate is fast compared to H(z), and an intermediate region where the interaction rates are no more than a few orders of magnitude greater than H(z) and so the timestep is small enough to resolve them. We take a standard timestep of d ln(1 + z) = 10 −3 . This division is redshift-dependent and so must be performed at each timestep. The low energy photons are assumed to deposit all their energy within the timestep, and the high energy photon processes are integrated out as described above. The part of the photon spectrum in the intermediate energy range is evolved by the photon cooling mechanisms listed in Appendix C, and by redshifting. At the end of each timestep, the photon spectrum is updated and new photons are injected from DM annihilation (both from direct production, and from ICS and annihilation of electrons and positrons). The energy deposited to the IGM at each step is recorded.
The evolution of the photon spectrum is shown for two sample models in Fig. 3 . The effect of the semitransparent windows discussed previously is clear, with large peaks in the spectra at ∼ 10 4 and ∼ 10 8 − 10 10 eV. The gap between the peaks is due to Compton downscattering rapidly depleting the photon spectrum in this energy range, while above and below the semi-transparent windows, pair production on the CMB and photoionization, respectively, dominate. The edge from positron annihilation is visible at 511 keV.
III. ENERGY DEPOSITED TO THE IGM
A. The efficiency factor f (z)
The power per hydrogen atom injected by DM annihilation is frequently written in the form,
where n DM,0 and n H,0 are the WIMP and H number densities at z = 0, respectively. In the on-the-spot approximation, f is just the efficiency with which the WIMP rest mass energy liberated by annihilation is injected into the IGM [72] . Note that f is defined in terms of the WIMP mass, not the total energy of the electrons produced by annihilation: a large branching ratio to neutrinos, for example, results in a smaller value for f . In our previous paper on this topic [4] , we made the simplifying assumption that f and σ A v were independent of redshift, an approach that has also been adopted by other authors [39, 42] . The Sommerfeld enhancement can cause σ A v to vary with redshift, but as discussed XDM electrons M = 1000 GeV The photon spectrum as a function of energy at several redshifts for MDM = 1000 GeV (top) and MDM = 10 GeV (bottom), for χχ → φφ followed by φ → e + e − , with m φ = 1 GeV.
previously, in the redshift range relevant to this problem we can reasonably assume that the enhancement is saturated (although our numerical code could trivially accommodate a time-dependent σ A v ),
Here σ A v fo is the usual thermal relic freeze-out cross section of ∼ 3 × 10 −26 cm 3 /s, and S max is the saturated Sommerfeld enhancement.
Our detailed numerical computation of the energy deposition allows us to go beyond assuming a constant f , for the models of interest. Because of the changing transparency window (Fig. 2 ) the rate at which the photons' energy is absorbed by the IGM varies with z and with WIMP model, even in the on-the-spot approximation. Where the on-the-spot approximation breaks down, the delayed absorption of annihilation energy injected at earlier times can also alter the effective f (z) profile. To some degree, these effects may cancel each other out: the universe becomes more transparent at low redshifts and this reduces deposition efficiency, but there are more photons present than in the on-the-spot approximation, due to photons injected at higher redshift that have not yet completely cooled.
In the absence of the on-the-spot approximation, the physical meaning of f as an efficiency factor is not so clear, but a slight extension of Eq. 1 is still a very useful parametrization. We write,
It is this energy injection that the CMB data constrain. Note that the injected energy is inversely proportional to the particle mass; more massive particles inject less energy into the IGM.
B. DM annihilation channels
As discussed previously, recent cosmic-ray anomalies have motivated models of WIMP annihilation to leptons with a large cross section. We compute f (z) for a WIMP annihilating to lepton pairs and charged pions, both directly and via a new GeV-scale state (annihilation channels of the latter type are denoted "XDM"). As a benchmark, the mass of the new light state is taken to be 1 GeV for electron, muon and pion final states, and 4 GeV for taus: however, because of the large mass hierarchy between the WIMP and the GeV-scale state, the spectrum of the SM annihilation products is nearly independent of this choice of parameter. We investigate a range of WIMP masses for these annihilation channels, including the mass/channel combinations fitted to PAMELA and ATIC data in [20] . We also compute f (z) for WIMPs annihilating to pairs of SM particles, for benchmark WIMP masses of 200 GeV and 1000 GeV.
We note that at sufficiently high M DM , the photons from annihilation are injected at energies where pair production on the CMB is extremely rapid, and so the spectrum of produced photons is entirely determined by the pair production + ICS cascade. Consequently, around the redshift of last scattering, f (z) becomes essentially independent of the WIMP mass at M DM > ∼ 1 TeV.
Taking linear combinations of these channels allows f (z) to be computed accurately for a wide range of DM models. In particular, models where the DM does not originate in thermal equilibrium can have large annihilation cross sections, and so can be strongly constrained by the CMB once f (z) is known precisely. The indirect detection prospects of such nonthermal neutralino models have been investigated in [51, 52, 53, 54] . Recently, a 200 GeV wino with annihilation cross section σ A v = 2 × 10 −24 cm 3 /s has been proposed as an explanation for the positron excess observed by PAMELA [55] . In this model the neutralino annihilates predominantly to W bosons, and f (z) and the impact of DM annihilation on the CMB can therefore be immediately computed from our results. We calculate the spectra of e + e − and photons resulting from these annihilation channels (including final state radiation) using PYTHIA. Fig.  4 displays f (z) as a function of redshift for the various WIMP masses and annihilation channels.
In Appendix A we present accurate fitting functions for f (z) over the redshift range z = 300 − 1200, for all the annihilation channels under consideration. Our choice of redshift range is dictated by the impact on the visibility function: above z ∼ 1200 or below z ∼ 500, changes to f (z) have minimal impact on the last scattering surface (see for example Fig. 3 in [4] ). Less precise fits are given for higher and lower redshifts. Note that these fitting functions do not apply to models of decaying dark matter: while our numerical approach can be applied to decaying WIMP models with only trivial changes, we defer such an analysis to future work.
IV. CMB CONSTRAINTS
CMB constraints on the energy injection from DM annihilation, assuming a constant f (z), have been previously calculated in [4] and updated in [42] . Using the approximate values for f (z) given in Table I , we can now relate these constraints to specific DM models. A full analysis of the CMB constraints would take into account the variation of f (z) with redshift, but since f (z) is slowly varying in the redshift range of interest, we employ the approximation of a constant f to estimate the degree to which the CMB can constrain models of interest, and defer a more complete analysis to future work.
To a large extent, the effect of DM annihilation on the CMB depends only on the average of f (z) in the redshift range of interest z ∼ 800 − 1000, not the details of f (z). We employed the public codes RECFAST and CAMB [56] to derive the effect of DM annihilation on the TT, TE and EE angular power spectra, for several different f (z) profiles (with the widest possible differences in mass and annihilation channel), normalizing the annihilation cross sections so that the deposited power ǫ(z) would be the same in all cases if f (z) was replaced by its mean value between z = 800 − 1000. Fig. 5 demonstrates the results: even in an extreme case where the cross section is so large as to be strongly excluded by current constraints, the differences in the spectra due to differing f (z) profiles are small.
A. Models fitting cosmic-ray excesses
We focus here on models which fit the cosmic-ray excesses measured by PAMELA, and in the case of higher- mass WIMPs, also ATIC or Fermi. Boost factors and WIMP masses are taken from [20] for the leptonic and XDM channels, and from [55] for annihilation to W bosons. Fig. 6 displays the WMAP5 constraints on these models, and the region of parameter space that will be probed by Planck.
In all cases, the models which fit the cosmic-ray excesses are close to being ruled out by WMAP5, at 95 % confidence. The tension is greater for models which fit the ATIC excess, where the boost factors given in [20] are already excluded. However, this result does not rule out these DM models as explanations for the ATIC excess, due to astrophysical uncertainties in the required boost factor. For example, the local DM density is only 5 : CMB power spectra for three different DM annihilation models, with power injection normalized to that of a 1 GeV WIMP with thermal relic cross section and f = 1, compared to a baseline model with no DM annihilation. The models give similar results for the TT (left), TE (middle), and EE (right) power spectra. This suggests that the CMB is sensitive to only one parameter, the average power injected around recombination. All curves employ the WMAP5 fiducial cosmology: the effects of DM annihilation can be compensated to a large degree by adjusting ns and σ8 [4] .
known to within a factor of ∼ 2 (which is then squared to determine the annihilation rate), and density enhancements from local substructure could also contribute an O(1) boost to the cosmic-ray flux. The excess measured by Fermi requires generically smaller boost factors than ATIC, by a factor of ∼ 2 − 3: such models are not ruled out by WMAP5 even without taking into account astrophysical uncertainties, but will be constrained by Planck.
The degree of uniformity between the models should not be surprising, despite the wide range of masses and boost factors. The variations in f (z) between different channels arise in large part from the energy carried away by annihilation products other than photons and electrons -but these annihilation products also do not contribute to the cosmic-ray excesses measured at ATIC and PAMELA. The cosmic-ray excesses are more sensitive measures of the high-energy spectrum of the annihilation products than the CMB, whereas the CMB is sensitive to soft photons and electrons which may be absorbed into the background in cosmic-ray measurements, but to a first approximation both measurements are simply probing the total power in electrons (at least when the power in photons produced by annihilation is small).
B. Implications for Sommerfeld-enhanced DM annihilation
As described in the Introduction, the CMB has the potential to act as an especially sensitive probe of DM models with Sommerfeld-enhanced annihilation. The simplest example of the Sommerfeld enhancement with a massive mediator is the case of WIMPs interacting via a Yukawa potential. More complicated models can contain small mass splittings among the dark sector particles, and multiple light force carriers (e.g. [23] ), but in this work we will consider only the simplest case.
If the dark matter particle couples to a scalar mediator φ with coupling strength λ, then the enhancement is solely determined by the dimensionless parameters,
where α = λ 2 /4π. In the limit where the φ mass goes to zero (ǫ φ → 0), the enhancement to the annihilation cross section -denoted S -can be determined analytically, and S ∼ π/ǫ v at low velocities. For nonzero ǫ φ , there are two important qualitative differences. The first is that the Sommerfeld enhancement saturates at low velocity-the attractive force has a finite range, and this limits how large the enhancement can become. Once the deBroglie wavelength of the particle (M DM v) −1 exceeds the range of the interaction m −1 φ , or equivalently once ǫ v drops beneath ǫ φ , the Sommerfeld enhancement saturates at S ∼ 1 ǫ φ [23] . The second effect is that for specific values of ǫ φ , resonances occur where the enhancement scales as ∼ 1/ǫ 2 v instead of ∼ 1/ǫ v , potentially increasing the enhancement factor by several orders of magnitude. In the resonant case the velocity at which the enhancement saturates is also smaller than in the non-resonant case (for the same value of ǫ φ ).
Saturation of the enhancement
At first glance it might appear that our calculation would not apply to Sommerfeld-enhanced models, due to the variation of the enhancement with velocity, since we have assumed a constant σ A v with respect to z. However, for models which are not already ruled out 1 XDM µ + µ -2500 GeV, BF = 2300 2 µ + µ -1500 GeV, BF = 1100 3 XDM µ + µ -2500 GeV, BF = 1000 4 XDM e + e -1000 GeV, BF = 300 5 XDM 4:4:1 1000 GeV, BF = 420 6 e + e -700 GeV, BF = 220 7 µ + µ -1500 GeV, BF = 560 8 XDM 1:1:2 1500 GeV, BF = 400 9 XDM µ + µ -400 GeV, BF = 110 10 µ + µ -250 GeV, BF = 81 11 W + W -200 GeV, BF = 66 12 XDM e + e -150 GeV, BF = 16 13 e + e -100 GeV, BF = 10 FIG. 6: Constraints on the annihilation cross-section σAv the efficiency factor f . The dark blue area is excluded by WMAP5 data at 95% confidence, whereas the lighter blue area shows the region of parameter space that will be probed by Planck. The cyan area is the zone that can ultimately be explored by a cosmic variance limited experiment with angular resolution comparable to Planck. Constraints are taken from [42] (Fig. 4) . The data points indicate the positions of models which fit the observed cosmic-ray excesses, as fitted in [20, 55] . Squares: PAMELA only. Diamonds: PAMELA and Fermi. Crosses: PAMELA and ATIC. Error bars indicate the factor-of-4 uncertainty in the required boost factor due to uncertainties in the local dark matter density (any substructure contributions are not taken into account). For models labeled by "XDM" followed by a ratio, the annihilation is through an XDM intermediate light state to electrons, muons and pions in the given ratio (e.g. "XDM 4:4:1" corresponds to 4:4:1 annihilation to e + e − , µ + µ − and π + π − ).
by WMAP5 constraints, either the enhancement must be saturated over the redshift range in question (z ∼ 100 − 4000), or α or f (z) must be extremely small -in which case the model could not explain the cosmic-ray anomalies described in the Introduction. For the models of greatest interest, the enhancement S thus provides a constant boost factor to the annihilation cross section at z ∼ 1000, and our constraints apply directly. At redshift z, the CMB temperature is ∼ 2.35 × 10 −4 (1 + z) eV. This places an upper bound on the temperature of the DM: however, after kinetic decoupling the DM temperature evolves adiabatically as T ∝ z 2 , and thus the WIMPs can be much colder than the photon temperature. [42] suggests v/c ∼ 10 −8 at z ∼ 1000 for a 100 GeV WIMP.
If the enhancement is still unsaturated at such low velocities, then the force carrier must be extremely light compared to the WIMP mass. For the models recently proposed in the literature [21, 23, 25, 57] , the enhancement has always saturated by this point as the force carriers are much heavier than 10 −8 M DM . Other constraints on models with very low-mass mediators also exist: as one example, a 1/v enhancement which saturates at too low a velocity can also cause runaway annihilations in the first DM halos at the onset of structure formation [58] . Furthermore, as shown in Fig. 6 , models which fit the recently observed cosmic-ray anomalies are already close to being ruled out by WMAP5. If the Sommerfeld enhancement in such models has not saturated by (v/c) ∼ 10 −8 , this implies an effective cross section at recombination ∼ 4 − 5 orders of magnitude higher than in the present-day Galactic halo. Such models are therefore strongly excluded by WMAP5. Similarly, if the WIMP annihilates to the same particle which mediates the Sommerfeld enhancement, then in order for the enhancement to evade the constraints in Fig. 6 , the coupling α between the WIMP and the force carrier must be extremely small -reducing the annihilation cross section at freeze-out to unacceptable levels for a thermal relic. Thus for a broad range of well motivated models, it is self-consistent to assume that the Sommerfeld enhancement is saturated for the redshift range of interest (z ∼ 100 − 4000).
We can write the 95 % confidence limits from WMAP5 in terms of constraints on the total cross section,
or as constraints on the maximum saturated enhancement, relative to the thermal relic cross section
In both cases values of f for the different channels are given in Table I . These results directly limit the maximum boost factor possible from substructure, in Sommerfeld-enhanced models. There has recently been considerable interest in possible annihilation signals from dark matter subhalos, where the DM velocity dispersion is reduced and the Sommerfeld-enhanced cross section is boosted (e.g. [59, 60, 61, 62] ). However, the saturated cross section cannot be much larger than that required to fit the cosmic ray anomalies, so for models which fit the cosmic ray anomalies, the lower velocity dispersion in subhalos will not result in a higher annihilation cross section.
Sommerfeld-enhanced models fitting cosmic ray excesses
In Sommerfeld-enhanced models which produce the observed excesses in e + e − cosmic rays, the saturation of the enhancement is even more constrained than in the general case. Since the cross sections required to fit the cosmic ray anomalies are already nearly excluded by WMAP5, as shown in Fig. 6 , the enhancement must already be close to saturation at v ∼ 150 km/s (5 × 10 −4 c), the estimated local WIMP velocity dispersion. Astrophysical uncertainties -in the propagation of cosmic rays, the local dark matter density and the local velocity distribution -can weaken this constraint by a factor of a few.
In the case of the simplest Sommerfeld enhancement scenario, where the light force carrier generates a Yukawa potential between the WIMPs, this saturation requirement disfavors models with m φ ≪ 10 −4 M DM . Stronger constraints on the force carrier mass may be possible in the case of resonant enhancement, where ǫ v < ǫ φ at saturation.
Annihilation through the force carrier
A related but independent constraint on the force carrier mass occurs for models where the WIMP annihilates to the same particle that mediates the Sommerfeld enhancement, provided the WIMP is a thermal relic and constitutes 100 % of the dark matter [73] . In this case the WIMP mass and its coupling to the light force carrier satisfy the relation [24] ,
since the freeze-out cross section for WIMP annihilation to the light force carrier is
. But in the case of non-resonant Sommerfeld enhancement with behavior similar to the simple Yukawa case, the saturated enhancement is given by,
Applying our constraints on S max in the form given in Eq. 7, it follows that,
In this case the constraint does not depend on the cosmic-ray data and thus there are no uncertainties from present-day Galactic astrophysics. However, O(1) modeldependent factors in the saturated enhancement and the annihilation cross section at freeze-out may modify Eq. 10, and in the case of resonant enhancement, the constraint can become significantly stronger (by a factor S max ǫ φ ): these factors can be computed given a specific DM model, and such a calculation is necessary to make the limit precise. As previously, though, force carriers with masses ≪ 10 −4 M DM are disfavored. For WIMPs with masses of order a few TeV, as suggested by fits to the Fermi and H.E.S.S. data, this constraint may be sufficient to rule out force carriers with masses below the muon threshold, in a wide range of models.
V. CONCLUSIONS
The CMB provides a robust constraint on models of dark matter annihilation, which is particularly relevant for models that annihilate rapidly enough today to produce the PAMELA, Fermi and/or ATIC signals. These signals all require an annihilation cross section larger than the thermal relic cross section, implying either nonthermal production or some other mechanism, such as Sommerfeld enhancement. In either case, the implied cross section at z ≈ 1000 is as large as today, or possibly larger.
Extending previous work [4, 37, 42, 43] , we have computed the efficiency of annihilation power deposition in the IGM for a number of models, some tuned to fit the recently measured cosmic-ray anomalies, and some with more general annihilation channels. We have improved previous calculations by finding and correcting some errors in the photon cooling processes, and by treating the redshifting and downscattering of photons in the semitransparent windows in detail. Numerical convergence on this calculation indicates it is correct at the ∼ 1% level, an accuracy far exceeding that of any possible constraints on local DM annihilation, as they depend on e.g. the local DM density squared, which is uncertain.
Given the state of the current data, it is adequate to approximate the efficiency of energy deposition, f (z), with an average over the redshift range of interest. Future improvements in the data, however, may demand a more detailed calculation. Therefore we provide fitting functions for 40 models of interest in Appendix A.
WMAP5 already constrains Sommerfeld-enhanced models that have been proposed to explain the recently observed cosmic-ray excesses, requiring that the saturated annihilation cross section does not greatly exceed the cross section in the neighborhood of the Earth. This result argues against large DM annihilation signals from substructure, in the present-day Galaxy. In the simplest case where the force carrier is a scalar generating a Yukawa potential, and either the model produces the observed cosmic-ray signals or the DM is a thermal relic annihilating to the same particle that mediates the Sommerfeld enhancement, masses for the force carrier much less than 10 −4 M DM are disfavored. For a local DM density of 0.3 GeV/cm 3 , standard assumptions for cosmic-ray propagation [20] , and no contribution to the annihilation flux from substructure, there is mild tension (at the factor of 2 level) between the WMAP5 95 % confidence limits and models fitting the excess observed by ATIC. However, due to O(1) uncertainties in the local density and substructure contribution, these explanations for the ATIC excess cannot be excluded by WMAP5. Models fitting the excesses measured by PAMELA and Fermi are consistent with the WMAP5 constraints, for standard astrophysical assumptions. However, all of these models will be rigorously tested by the recently launched Planck experiment.
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Around the redshift of last scattering, f (z) is slowly varying with respect to redshift; the approximation of a constant f (z) is not too far from the truth. As described in Section IV, we average f (z) over the redshift range z = 800 − 1000 to obtain an effective constant efficiency f , for a range of masses and annihilation channels. For applications where a more accurate approximation to f (z) is required, we fit f (z) to a seven-parameter function over the redshift range z = 300 − 1200,
These fits are accurate to within 1% between z = 300 − 1200 for all channels. These fits remain accurate to < 5% between z = 170 and z = 1470, but outside this range they may perform very poorly. At very high redshifts, z ≫ 1000, f (z) converges to asymptotic values determined solely by the annihilation channel, since in this limit all the energy injected in electrons and photons (as opposed to neutrinos, protons etc) is efficiently deposited. In the (relatively) low-redshift region, z = 10 − 170, f (z) can be fitted to within 5% for all channels considered by a simple three-parameter fit,
However, at z ≪ 100, the onset of structure formation may invalidate this calculation. Table I lists the averaged f employed in Section IV, the value of f (z) at z = 2500, and the fit parameters for Eqs A1-A2, for the masses and annihilation channels discussed in Subsection III B.
1 + z 1000
Thus the timescale for ICS is much shorter than the Hubble time.
At the highest energies (∼ 10 GeV and higher, depending on the redshift) the Thomson cross section formula is no longer valid. Consequently we must use the general form for the photon spectrum resulting from ICS [46] . For convenience, all energies are written in units of the electron mass, m e c 2 ∼ 511 keV. The doubly differential spectrum is given by, dN dE γ dǫdt = 3 4 σ T c 1 ǫE 2 e 2q log q + (1 + 2q)(1 − q) + 0.5(1 − q)(Γq) 2 /(1 + Γq) n(ǫ),
Here ǫ is the energy (before upscattering) of the soft photon that the electron scatters on: in this case, a CMB photon. E e is the electron energy, E γ is the energy of the upscattered gamma ray, and n(ǫ) describes the energy distribution of the soft photons per unit volume (i.e. n(ǫ) = dN CMB /dǫdV ). This spectrum must then be integrated over the energy distribution of CMB photons to determine the total photon spectrum from ICS of a high-energy electron on the CMB.
Ionization, Excitation and Collisional Heating
We use the fits presented by Arnaud and Rothenflug [63] for ionization of neutral hydrogen, neutral helium and singly ionized helium, σ(E e ) = 10 −14 cm
where I is the ionization potential, E e is the kinetic energy of the electron and u = E e /I. The coefficients A, B, C, and D are given by,
• Hydrogen: A = 22.8, B = −12.0, C = 1.9, D = −22.6, with I = 13.6 eV.
• Neutral helium: A = 17.8, B = −11.0, C = 7.0, D = −23.2, with I = 24.6 eV.
• Singly ionized helium: A = 14.4, B = −5.6, C = 1.9, D = −13.3, with I = 54.4 eV.
For excitation of hydrogen and neutral helium we use the fitting functions given by Stone, Kim and Desclaux [64] . For kinetic energies well above threshold, the cross sections have the form, σ eH,eHe = 4a 2 0 R E kin + E bin + E exc (A ln(E kin /R) + B + CR/E kin ) .
Here R ≈ 13.6 eV is the Rydberg energy, a 0 ≈ 0.529 × 10 −8 cm is the Bohr radius, E bin is the binding energy of the electron to be excited, E exc is the excitation energy, and E kin is the kinetic energy of the incident electron. A, B and C are dimensionless parameters with values given by, 
For excitation of singly ionized helium we follow Fisher et al [65] , σ eHe + = πa 2 0 16x α ln x + β ln x/x + γ + δ/x + η/x 2 ,
x = E kin /E exc , α = 3.22, β = 0.357, γ = 0.00157, δ = 1.59, η = 0.764.
Collisional losses become important at lower energies, 100 eV < E < 1 keV. The cross section for collisional heating is given by [47] , σ ee = (7.82 × 10 −11 )(0.05/f )(ln Λ)(E e /eV)
where f ≡ ∆E/E = 0.05 is chosen to simulate the discrete nature of Coulomb collisions. We take the Coulomb logarithm ln Λ ∼ 10.
APPENDIX C: PHOTON COOLING MECHANISMS
Pair production on the CMB
The doubly differential electron spectrum for pair production by a gamma ray (energy E γ ) encountering a soft photon (energy ǫ) is given by [66, 67] E 2 e (A − E e ) 2 n(ǫ) (C1)
Here A = E γ +ǫ. As in Eq. B3, all energies are in units of the electron mass, and n(ǫ) describes the energy distribution of the soft photons per unit volume. This expression must be integrated over the CMB energy distribution to obtain the spectrum of electrons produced by pair production from a high energy gamma ray on the CMB. The positron spectrum is identical.
Pair production on H and He
We employ the high energy (Born approximation) cross sections for pair production on ionized H, free electrons, and singly ionized He, as described by Motz, Olsen and Koch [68] . As previously, we write all energies in units of the electron mass. In the high energy limit (complete screening), He + and H + can both be regarded as singly charged point charges, so share a single cross section for pair production, σ = αr 
where α is the fine structure constant and r 0 = 2.8179 × 10 −13 cm is the classical electron radius. If this equation is also used to describe pair production in the field of free electrons, then in the limit of full ionization (including double ionization of helium), this expression agrees with that given in [48] for a fully ionized medium. However, we slightly modify this formula as suggested by Joseph and Rohrlich [69] for pair production off electrons, σ = αr 2 0 28 9 ln(2E γ ) − 100 9 .
For pair production on neutral hydrogen and helium, we employ the cross sections given in [48] , σ H = 5.4αr
